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Modeling for predicting frosting behavior of a fin–tube heat exchanger
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Abstract

A mathematical model is proposed to evaluate the frosting behavior of a fin–tube heat exchanger under frosting conditions. Empirical
correlations of the heat transfer coefficients for the plate and tube surfaces and a diffusion equation for the frost layer are used to estab-
lish the model. The correlations for the heat transfer coefficients, derived from various experimental data, were obtained as functions of
the Reynolds number and Prandtl number. The proposed model is validated by comparing the numerical results with experimental data
for the frost thickness, frost accumulation, and heat transfer rate. The numerical results agree well with the experimental data. It is also
found that this model can be applied to evaluate the thermal performance of a common fin–tube heat exchanger under frosting
conditions.
� 2005 Elsevier Ltd. All rights reserved.
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1. Introduction

Frost formation on the cold surface of a heat exchanger
operated under frosting conditions causes a decrease in the
air-flow rate and an increase in the frost surface tempera-
ture resulting in reduced thermal performance. Since frost
formation strongly affects the performance of a heat
exchanger for low-temperature applications, development
of a frosting model to predict the frost growth is required.

Previous studies on frost formation can be categorized
into two groups: one using a basic geometry, such as a flat
plate or cylindrical surface, and the other using a real heat-
exchanger geometry. For the first group using locally
simplified geometries, many experimental and numerical
studies have been performed under various frosting condi-
tions. Some of studies in this group investigated the heat
and mass transfer and frost growth on a cold plate and cyl-
inder surface numerically and validated the numerical
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models with experimental data [1–10]. Other studies pro-
posed empirical correlations for the frost properties after
performing experiments for various frosting parameters
[11–16]. Therefore, frost formation on flat plate and cylin-
drical surface is relatively well known and can be predicted
reliably with existing models and correlations.

Experimental studies have also been conducted for the
second group using heat exchangers for industrial and
domestic refrigerators. The studies in this group include
the effects of surface treatments on frosting behavior [17]
and the thermal performance of a heat exchanger under
various operating conditions [18,19]. However, analytical
studies for the thermal performance of a heat exchanger
[20–23] dealt with the frost formation phenomena too sim-
plistically by either proposing models without robust vali-
dations or using correlations for heat transfer coefficients
that were derived for a specific heat exchanger experimen-
tally. Therefore, it is undesirable to apply the results of
these studies to applications that a different shape of heat
exchanger is considered.

There is a strong demand for development of numerical
models to evaluate the thermal performance of heat
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Nomenclature

A area [m2]
BR blockage ratio [%]
cp specific heat at constant pressure [J/kg K]
D mass diffusivity [m2/s]
Dh hydraulic diameter [mm]
di inner diameter of the tube [mm]
G mass flow rate per unit area [kg/m2 s]
hfg latent heat of evaporation [J/kg]
hh heat transfer coefficient [W/m2 K]
hm mass transfer coefficient [kg/m2 s]
hsv latent heat of sublimation [J/kg]
k thermal conductivity [W/m K]
kf,eff effective thermal conductivity of frost [W/m K]
L length of the cooling plate [mm]
Le Lewis number, a/D
_m mass flow rate [kg/m2 s]
m00 mass flux [kg/s]
Nu Nusselt number
Pf fin spacings [mm]
Pr Prandtl number
Q heat transfer rate [W]
R radius of the tube [mm]
Re Reynolds number
T temperature [K]
t time [s]
W length of an infinitesimal tube [mm]
wa absolute humidity [kg/kga]
x quality of refrigerant
y frost layer thickness [mm]

Greek symbols

af absorption factor [s�1]
D increment

g fin efficiency
l viscosity [kg/m s]
q density [kg/m3]

Superscripts

t time
Dt time increment

Subscripts

a air
ave average
cond conduction
f frost
fin fin
fs frost surface
in inlet
l liquid
lat latent
n number of tube
out outlet
r refrigerant
sen sensible
tot total
tube tube
v vapor
w water–vapor
y frost thickness
q frost density
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exchangers. Although several studies have examined frost-
ing performance, they have been performed experimen-
tally, and most of the results are applicable only to
individual heat exchangers. An effective frosting model
for predicting the thermal performance of a fin–tube heat
exchanger has not been developed. Consequently, the pre-
diction of frost growth in a heat exchanger under various
operating conditions requires numerous prototypes of the
heat exchanger and experiments wasting time, effort and
cost. This results in an ineffective design process for heat
exchangers.

This paper proposes a mathematical model to predict
the frosting behavior on a fin–tube heat exchanger under
various frosting conditions. Frost formations are experi-
mentally studied on cold plate and cylinder surfaces to
derive correlations of the heat transfer coefficients. Exper-
iments for a fin–tube heat exchanger are also performed
to validate the model.
2. Experiments

Frosting experiments were conducted to derive correla-
tions of the heat transfer coefficients on cold plate and cyl-
inder surfaces with frost layers formed. In order to validate
the proposed model, the frosting rate, frost mass and heat
transfer rate were measured for simple (2-column and 2-
row) and typical (2-column and 8-row) fin–tube heat
exchangers. The geometric parameters of the heat exchang-
ers are shown in Tables 1 and 2.

The experimental apparatus consisted of a climate
chamber controlling the temperature and humidity of the
air at a constant value, a refrigeration section regulating
the temperature and flow rate of the refrigerant, a test sec-
tion where frost formation occurs, and a circulation section
controlling the flow rate of the humid air and connecting
each section of the apparatus. Each section of the appara-
tus was controlled individually [16].



Table 2
Geometric parameters of a 2-column, 8-row fin–tube heat exchanger

Parameters Values

Fin width (mm) 60
Fin length (mm) 27
Fin thickness (mm) 0.15
Fin spacing (mm)
Row 1,2 20
Row 3,4 10
Row 5.6 7.5
Row 7,8 5

Number of columns 2
Number of rows 8
Tube length (mm) 440
Outer tube diameter (mm) 8.5
Transverse tube spacing (mm) 25
Longitudinal tube spacing (mm) 30

Table 1
Geometric parameters of a 2-column, 2-row fin–tube heat exchanger

Parameters Values

Fin width (mm) 60
Fin length (mm) 27
Fin thickness (mm) 0.2
Fin spacing (mm)
Row 1,2 20

Number of columns 2
Number of rows 2
Tube length (mm) 370
Outer tube diameter (mm) 8.0
Transverse tube spacing (mm) 27
Longitudinal tube spacing (mm) 30
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The climate chamber had Pt 100 X RTD sensors in a
dry/wet bulb thermometer to measure the temperature
and humidity of the air, and used the PID controller, hea-
ter, cooler, and humidifier to regulate the air temperature
and humidity. The refrigeration section consisted of a
refrigerator to cool the refrigerant and a pump to circulate
the refrigerant. The refrigerant was a mixture of ethylene-
glycol and distilled water in a mass ratio of 6:4. The air
temperature and humidity were measured at the inlet and
outlet of the test section by ten type-T thermocouples, a
thermopile, and humidity sensors. A blower with an inver-
ter was used to regulate the air-flow rate, and the rate was
measured using a nozzle-type flowrate meter. To make the
air-flow homogenous, honeycombs and air-mixing fans
were installed at the inlet and outlet of the test section.
In addition, insulation was attached to the surface of the
experimental apparatus to minimize the heat loss.

Before performing the experiments, the climate chamber
was operated to control the air-flow conditions. When air
conditions reached a steady state, the frosting experiments
were started by running the refrigerator and pump. The
experimental data for the air and refrigerant were recorded
every four second by a data recording system and a
computer.
Using the air-flow rate and the absolute humidity differ-
ence between the inlet and outlet of the test section, the
frosting rate was calculated as

_mf ¼ _maðwa;in � wa;outÞ ð1Þ

The heat transfer rate of the air and refrigerant was esti-
mated from

Qtot ¼ _macp;aðT a;in � T a;outÞ þ _mfhsv for the air ð2Þ
Qtot ¼ _mrcp;rðT r;out � T r;inÞ for the refrigerant ð3Þ

During the experiments, the energy balance between the air
and refrigerant was maintained within 5%, as stated in
ASHRAE Standard 33–78.

The heat transfer coefficients for the frost surface of the
cold plate and cylinder were calculated using:

�hh ¼
_macp;aðT a;in � T a;outÞ
AtotðT a;ave � T fsÞ

ð4Þ

Uncertainties of the experimental data were computed
by considering the bias error and accuracy of the used
equipments [24]. The uncertainties of the average frost
thickness, frost mass, heat transfer rate, and heat transfer
coefficient were estimated as 5.28%, 4.50%, 3.69%, and
5.07%, respectively.
3. Mathematical modeling and calculation procedure

This paper presents a mathematical model for predicting
the frosting behavior of a fin–tube heat exchanger and eval-
uates the thermal performance of the heat exchanger under
frosting conditions. To perform the numerical analysis, the
heat exchanger is divided into infinitesimal control volumes
in the direction of the air-flow, refrigerant flow, and the
normal to the flow plane. The assumptions in each infini-
tesimal control volume are as follows:

(1) The frost layers that formed on the fin and tube sur-
faces of each infinitesimal control volume are homo-
geneous, respectively.

(2) The frosting process takes place at a quasi-steady
state.

(3) The local frosting behavior at junctions of the fin and
tube is not considered.

(4) The heat transfer mechanism inside the frost layer
is conduction, and the effective thermal conductiv-
ity of the frost layer is a function of the frost
density.

3.1. Mathematical modeling

In order to predict the frost growth in the heat exchan-
ger, the modeling is performed on two parts separately: fin
and tube parts. Fig. 1 shows a schematic diagram of the
heat exchanger.



Fig. 1. Schematic diagram of a general fin–tube heat exchanger.
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Fig. 2. Temperature and humidity variations in the air-flow direction.
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Sensible and latent heat transfers between the surfaces
of the heat exchanger and the moist air inside the infinites-
imal control volumes are calculated as

Qsen ¼Qsen;finþQsen;tube

¼ gfinhh;finAfin;fðT a�T fin;fsÞþhh;tubeAtube;fðT a�T tube;fsÞ ð5Þ
Qlat ¼Qlat;finþQlat;tube

¼ gfinhm;finAfin;fðwa�wfin;fsÞhsvþhm;tubeAtube;fðwa�wtube;fsÞhsv
ð6Þ

where gfin is the fin efficiency defined by Schmidt [25]. The
mass transfer coefficients inside the infinitesimal control
volumes are computed using analogy between heat and
mass transfer:

hm ¼ hh
cp;aLe2=3

ð7Þ

The conduction heat transfer inside the frost layer that
formed on the fin and tube is calculated using

Qcond;fin ¼ kf;effAfin;f
T fin;fs � T fin

yfin;f

 !
ð8Þ

Qcond;tube ¼ 2pkf ;effW
T tube;fs � T tube

ln½ðRþ ytube;fÞ=R�

" #
ð9Þ

where the effective thermal conductivity of the frost layer is
determined as [26]

kf ;eff ¼ 1:202� 10�3q0:963
f ð10Þ

The heat transfer from the air should be balanced with the
conduction heat transfer in the frost layer that formed on
the fin and tube as follows:

Qcond;fin ¼ Qsen;fin þ Qlat;fin ð11Þ
Qcond;tube ¼ Qsen;tube þ Qlat;tube ð12Þ

The surface temperatures of the frost layer that formed on
the fin and tube are determined considering the energy bal-
ance at the frost surface:
T fin;fs ¼
gfinhh;finAfin;fT aþgfinhm;finAfin;fðwa�wfin;fsÞhsvþ kf;effAfin;f

T fin

yfin;f
kf ;effAfin;f

yfin;f
þgfinhh;finAfin;f

ð13Þ

T tube;fs ¼
hh;tubeAtube;fT aþhm;tubeAtube;fðwa�wtube;fsÞhsvþ 2pkf;effWT tube

ln½ðRþytube;f Þ=R�
2pkf ;effW

ln½ðRþytube;f Þ=R�
þhh;tubeAtube;f

ð14Þ

This study uses a water–vapor diffusion equation in the
frost layer to predict the frost growth on the fin–tube heat
exchanger. Previous numerical studies of the frost forma-
tion on a simple geometry, such as a flat plate or cylinder,
used either a water–vapor diffusion equation [1,2,4] or a
correlation for the frost density [5,6]. In our case, the tem-
perature and humidity of the moist air varies along the
air-flow direction due to the frost formation although the
temperature and humidity of the air at the inlet of the heat
exchanger is maintained as a constant value. Fig. 2 shows
a schematic diagram of the temperature and humidity
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variation of the air. This variation requires a frost density
correlation for a broad range of experimental conditions.
Unfortunately, the frost density correlations proposed in
the previous studies do not consider the temperature and
humidity variation of the moist air in the flow direction.
Therefore, the following diffusion equation [2] is used in
the present study assuming that the amount of water–
vapor absorbed into a control volume inside the frost layer
is proportional to the water–vapor density

D
d2qw

dy2
¼ afqw ð15Þ

The water–vapor is transferred from the moist air to the
frost layer through the surface. The total mass flux that in-
creases the frost density and layer thickness can be ex-
pressed as

m00
f ¼ m00

fin;f þ m00
tube;f ¼ m00

fin;y þ m00
fin;q þ m00

tube;y þ m00
tube;q

¼ gfinhm;finðwa � wfin;fsÞ þ hm;tubeðwa � wtube;fsÞ ð16Þ

The mass fluxes increasing the frost density are given as

m00
fin;q ¼

Z y¼yfin;f

y¼0

afqw dy

m00
tube;q ¼

Z y¼ytube;f

y¼0

afqw dy
ð17Þ

The frost density and layer thickness on the fin and tube at
each time step are determined:

qtþDt
fin;f ¼ qt

fin;f þ
m00

fin;q

yfin;f
Dt; ytþDt

fin;f ¼ ytfin;f þ
m00

fin;y

qfin;f

Dt

qtþDt
tube;f ¼ qt

tube;f þ
m00

tube;q

ytube;f
Dt; ytþDt

tube;f ¼ yttube;f þ
m00

tube;y

qtube;f

Dt

ð18Þ
The heat and mass balances at the inlet and outlet of an

infinitesimal control volume are as follows:

Qsen ¼ _macp;aðT a;in � T a;outÞ ð19Þ
Qlat ¼ _maðwa;in � wa;outÞhsv ð20Þ

The temperature and humidity at the outlet are obtained
using Eqs. (19) and (20):

T in;1 ¼ T in; T in;2 ¼ T out;1; T in;3 ¼ T out;2; . . . ; T in;n ¼ T out;n� 1

win;1 ¼ win;win;2 ¼ wout;1;win;3 ¼ wout;2; . . . ;win;n ¼ wout;n� 1

ð21Þ

The outlet conditions are used as the inlet conditions for
the subsequent control volume in the air-flow direction.

The state and phase of the refrigerant in the tube varies
due to the frost formation on the fin and tube. This varia-
tion causes the surface temperature of the fin and tube to
changes along the tube. Neglecting the thermal resistance
of tube walls, the heat transfer due to the air and refriger-
ant in an infinitesimal control volume should be balanced.
This balance can be expressed as follows:
Qtot ¼ hrAtubeðT tube � T rÞ

¼
_mrcp;rðT r;out � T r;inÞ; for single-phase region

_mrðxr;out � xr;inÞhfg; for two-phase region

(

ð22Þ

The correlations used to estimate the heat transfer coeffi-
cients are listed below:

(1) Single-phase region [27]
hrd i

k
¼ 0:023Re0:8Pr0:4 ð23Þ
(2) Two-phase region(0 6 x 6 0.85) [28]
hrd i

kl
¼

0:0265Re0:8eq Pr
1=3
l ; Reeq > 5� 104

5:03Re1=3eq Pr1=3l ; Reeq < 5� 104

(
ð24Þ

where

Reeq ¼ Geqd i=ll

Geq ¼ Gl þ Gv

ql

qv

� �1=2 ð25Þ
(3) Two-phase region(0.85 6 x 6 1.0) [27,28]
hr ¼ hr;x¼1:0 þ
hr;x¼0:85 � hr;x¼1:0

0:85� 1:0
ðx� 1:0Þ ð26Þ
3.2. Calculation procedure

To predict the frosting behavior of a fin–tube heat
exchanger, numerical analyses are performed according
to the calculation procedure listed below:

(1) The heat exchanger is divided into infinitesimal con-
trol volumes in the direction of air-flow, refrigerant
flow, and the normal to the flow plane.

(2) The tube diameter, calculation time, time increment,
inlet air conditions, and temperature of the fin and
tube are given, and the initial surface temperature
and density of the frost layer on the fin and tube
are assigned.

(3) The frost mass, frost thickness, frost density, heat
and mass transfer coefficients on the fin and tube,
and effective thermal conductivity of the frost layer
are calculated using the properties at a film
temperature.

(4) The frost surface temperature of every infinitesimal
control volume is calculated.

(5) If a convergence condition for the frost surface tem-
perature in each infinitesimal control volume is satis-
fied, the calculation proceeds to the next time step. If
not, the calculation is iterated until the convergence
condition is satisfied.
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4. Results and discussion

The present study proposes a mathematical model using
correlations for the heat transfer coefficients of the air-flow
and a diffusion equation for the water–vapor in order to
predict the frosting behavior on a fin–tube heat exchanger.
To establish the mathematical model, the following corre-
lations are used:

Nufin ¼
hh;finL
ka

¼ 0:204Re0:657L Pr1:334 ð27Þ

Nutube ¼
hh;tubeDh

ka
¼ 0:146Re0:917Dh

Pr2:844 ð28Þ

where the heat transfer coefficients were obtained from
experiments.
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Fig. 3. Comparison of numerical results and experimental data for the
average frost thickness in a 2-column, 2-row fin–tube heat exchanger.
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Fig. 4. Comparison of numerical results and experimental data for the
frost mass and frosting rate in a 2-column, 8-row fin–tube heat exchanger.
To validate the proposed frosting model, Fig. 3 com-
pares the numerical results with the experimental data for
the frost thickness on a 2-column, 2-row fin–tube heat
exchanger. The numerical results are in good agreement
with the experimental data although there is a slight dis-
crepancy in the initial time.

In general, a design of a heat exchanger under frosting
conditions requires an accurate prediction of the heat
transfer rate. Moreover, the frost mass should be estimated
accurately to determine the amount of heat required to
remove the frost. In order to evaluate the applicability of
the proposed frosting model, a numerical analysis was per-
formed for a 2-column, 8-row fin–tube heat exchanger.
Fig. 4 shows a comparison of the numerical results to
corresponding experimental data for the frost mass and
frosting rate. The numerical results agree well with the
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Fig. 5. Comparison of numerical results and experimental data for the
heat transfer rate in a 2-column, 8-row fin–tube heat exchanger.
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Fig. 6. Average frost thickness and density in the first and the seventh
rows of a 2-column, 8-row fin–tube heat exchanger.



Table 3
Ratios of heat transfer area and average heat transfer rate in each row to the total values of a 2-column, 8-row fin–tube heat exchanger

Row 1 Row 2 Row 3 Row 4 Row 5 Row 6 Row 7 Row 8

An/Atot 0.063 0.063 0.107 0.107 0.135 0.135 0.195 0.195
Qave,n/Qave,tot 0.109 0.104 0.134 0.124 0.134 0.123 0.143 0.129
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experimental data. The difference between the predicted
and actual frost mass at t = 180 min is only 2.2%.

Fig. 5 compares the numerical results with experimental
data for the heat transfer rate. Despite a decreased air-flow
rate due to the frost formation, the heat transfer rate does
not vary significantly for the first 60 min because of the
increased heat transfer area and enhanced air-flow distur-
bance. The predicted latent heat transfer rate is in good
agreement, as implied in Fig. 4, but the sensible heat trans-
fer rate is slightly under-predicted around the 80-min time
point. Nevertheless, the overall numerical results for the
heat transfer rate agree well with the experimental data.

Fig. 6 presents the average frost thickness and density in
the first and the seventh rows of a fin–tube heat exchanger.
The frost growth at the first row is promoted by the high-
temperature moist air. On the other hand, the frost layer at
the seventh row along air-flow direction is very thin and
dense due to the low temperature and humidity of the air.

Fig. 7 shows average blockage ratios at each row of the
fin–tube heat exchanger at t = 150 min. The blockage ratio
represents an extent of air-flow blocking between fins of a
heat exchanger and affects the thermal performance of the
heat exchanger because of its close relation to the air-flow
rate. According to the reference [17], the ratio is defined as

BRave ¼ 2�
yf ;ave
P f

� �
� 100 ð29Þ

where yf,ave and Pf represent the average frost thickness
and fin spacing, respectively.
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Fig. 7. Average blockage ratios in each row of a 2-column, 8-row fin–tube
heat exchanger at t = 150 min.
As shown in Fig. 7, the blockage ratio is highest in the
seventh row. The air-flow passage in the seventh row with
a small fin spacing is quickly blocked by the frost layer
formed on the surface of the fins, decreasing the air-flow
rate and degrading the thermal performance of the heat
exchanger.

Table 3 presents ratios of heat transfer area and average
heat transfer rate in each row to the total values of the heat
exchanger. The heat transfer in the seventh and the eighth
rows is not efficient despite large heat transfer area. There-
fore, the thermal performance of the heat exchanger can be
improved by the proper adjustment of fin spacing. For
example, decreasing the fin spacing in the rows 1–4 and
increasing the spacing in the rows 5–8 would improve the
thermal performance of the heat exchanger by reducing
the air-flow blocking.

5. Conclusions

This paper proposed a mathematical model to predict
the thermal performance of a fin–tube heat exchanger
under frosting conditions. The correlations for the heat
transfer coefficients for frost layer formed on cold plate
and cylinder surfaces were derived from experimental data.
Experiments were performed to acquire benchmark data to
validate the mathematical model. The model was devel-
oped using correlations for the heat transfer coefficients
on the fin and tube and a water–vapor diffusion equation
for the frost layer. The results of the proposed model accu-
rately predicted the frost growth and heat transfer rate and
agreed well with the experimental data. This implies that
the model can be used to predict the thermal performance
of a fin–tube heat exchanger with multiple columns and
rows.
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